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G=PSL2K =Isomt(1H3)

FCY PSLD A =Sa==(et-t) (telRY
T() -> PS24/0(2) N =91x =(!Y)(x +43A

IH3 =>PSL24sU(2) =[gEG) a.+ gat -> e
as t ->+r0y

contracting horospherical
subgp

( maximal unip.subp)
et=

HH3.ammalsinthe



G =Isom(1H") =S0°a)

Q(x, . . ., n+1) =2x,xn+1 +Z
A =sa =()) I+ER3
N = Gr)***IXERMY

EIR"

·x - X

= 59-G) a- +99, -east ->
+03

contracting horospherical subsp.
(maximal unipotensbyp)

et=

IH
R...ammag"e



For 2_IU, UK =IR" > N=1Rn-

H(Uk)=< Uk, UK) =Soik,1)

Any coun. subgp"of G generated by
unipotents is conjugate

to S UK 22k=n

H(UK)

Ihm (M. Mullen-Mohammadi-0. h=3, Lee-0.22,4)

LetpH" have Fuchsianends I
a =RFM =9ig/g ==x3
Yx= r,w1r =x rr

for some W<h<G
-

Moreover,
xH(Ux) = xHUm) C & REM.HIU)

where REM =9tg)t,*/9tEN3 3



Induction:
C((q(H(V)

either ,F(U) =xH(UK)C -SO(n-k)

or

xTU) > Hmc yHCUm)
m>K

m
Need to understand

N-orbitclosures.

The (Furstenberg, Hedlund, Veech)

↑CG cocpt lattice *
· N-action on it is minimal ⒗
·N-action on is uniquely ergodic
the Gian measure on is the only N-inu

measure.
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This can be deduced from mixing of

at -action, i.e, the frame flow on FCM)=p
-

Thm (Howe-Moore) vol()=1
F f, fzt ( (4), as It -0

Spf,(xa) f2(dx -> Sfido.Sfud
To show NMOF4 Hopen Os,

-ETS <NGg10 FI ⑲
p+= =(**) a.tPsat 4, -30

xNGa> x(aN,a-e)Pc> pat)N,Paa-tC yGaG-=
GE=NaP, my for th>1

<NGanO > yG,a-trO -4
l

by Mixing 5



4 convex cocpt (or geom. finite)

Two importantgeometric measures on
Miran ofIH"
E!P-conformal measureon X

of dimS= Sxw patterson-Sullivaneasure
-S5 (wo, of

B5(50,0)

"Im d(WO, 5t) - d10,31)

Sullivan No=S-dim' H'ff measure on 1.

BMS
me E measures on -

T
BR
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Hopf parametrization
-31- (8+,9,390)↳ g

T'CAY) =G/socn-1 = CHx2 1H"x IR

SBg+ 10,9% + SBg-10,99
dro(9Y) drolgt dSdmBMS,g] =2

I
left P-inra rightA-in measure

m mBMS m pG suppmBMS= 3gFeNY

ge =RFM=

Leb measure

dmBRIg] = e8Bg+10,90)+(n-1)Bg-10,99droct)dm(9- dS

⑮ left R-inv & rightN-iny measure

⒗ us mBRon
- supp mBR

=9 gte X3
=RF+M =E 4



Thm i geom finite & 4 <S0in,1)
Z. dense

· mBMS is A-ergodic (Sullivan,
Winter)

a measure of mayentropy

· mBMS is mixing (Babillot, (
Winter

Using the BMS -mixing, Winter proved:
Thm (Burger, Roblin, Winter)

↑

convexcoupt (geom finite)
· N-action on RFM=I is minimal⒕
· N-action on REMis uniquely-ergodic,

mBR is the uniq N-iny measure

on RFM

In particular, mBM is N-ergodic. ⑧



RR**UF N= R"con. unipotent subp

mBR is not U-ergodic in general

Thm (Mohammadi-0. Mancourant-Schapira)

· If 2) co-dimpU=(n-k), mBR is
U-ergodic

a.e U-orbits are dense in REM

· If 6 <co-dimp (V) = (n -k),

BR is totally dissipative.
a.e U-orbitsare proper immersion of

UFRR**.
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M=N Convex Cocptwith

.Fuchsian
ends

S
->>n - 2

Corollary For any con unip subgp U<N

seven dim= 1),
a.e U-orbits are dense in RFM.

xA
For mBMS a.e xtp, xSOk,I) is

dense in RFM.SOCt.1)

nxUFor mBR a.e xtp, x 50° (,1) is dense

in REM. SOCK. 1) 10



Measure - theoretic analogue of

MMO & L0 thmn?

Conj U<N

Any U-inu erg measure on RFM

is of the form

BR

MxH()C for some

closed xH(4)<

⒗
with UCM
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